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25 Teorem( L. Kapali fon bsivon Teoremid: Ve R? biv ac,4
2 leimes (xg.¥e)eV ve F2 V=R, z=Fx,y) ohmkinere
(1) /:(Xa%):ﬂ , (2) bir §7>0 14/ Fe (/(67/()(,,)’0)9 S/),«
(3) Fy (Xo1%)# 0
el aroni fag/ay&m bir Lonk. olsun: § zoman
(3) x, noltasimmn belli bur B(x,8)=(x,~5 X +5) ko"wté/a/éu%cf&
Fix, f())=0 olcat selaloe Blx,,5) iizerinde +anmle birtek
7: £ (x) q[\onhwymmu vawﬂo{cf,
(8) 4, =L lx,] dur,
(c) fe('(Bi,,5)) dir ve Vxe Blx,id) 16

| F [X/[\"‘)j
oy [ £60] 30 ve 47002~ P LT

0 fer




(1%)

IRNEK: Flx,y)= y:‘-fzxzy-xﬂ Zx+3y=10 o/é%é/ém//wh
her xeR i¢m éﬂ/ﬂ ol olarale by y=fox) yfdn/zr/)«wzzz/m PR
nimfadifint §sTerniz ve flx) Furevini bulunyz,

Lozium. VZX,)’)G-/RZ 159 f:}/)f,y)z 3y2+ 5,\(-113#0 0

Askrr olarsk Fe CUYR%) o

Lqi//]z%ea);riﬁzgzizﬂ olan her (x,.y,) nolAdasinds teorema,
Eaylcce le yizd denllen g kap2ls eloral V‘Jﬂlm/élaétf
yf’[?{) -f@hh Jpjﬁnu ée%z‘ bir $30 1o Bix,,5) nzeninde Fel
fiirfii olarak ve feC'(Bl,.8)), yme VxeBix,,5) o
LUy = ExDufed g 3xtez
. Pyl 3/r007% 3x% 3

GRNEK. £ 9 X120 denklems i kapats forksiyon
teoremihin jegarﬁ o/o/uybu ve a/zwag/zg/ nohF2lFr: buluwnil.

Gozum, [ (x 1Y) = .g-z+ ;2.1_1 = O denklesr; b 6/1)9J f@[/)’#?f,
Asikar elarak




. ¢ 7/ R

Rboyy) %20 2huak tzere ehjos uzevrmnde
! bt /092 (Xp,jg) neltas alnirsa, Fo 'h
‘ M(‘t«]?un by e u (/LLJ?MCIQ Fy (X,9)=
e /2 > O dur.

£ chpsin ureriole O/WW&H F(,)e)=0 dir,
0 haldt sen fereme fw‘m beltd bir S>0 15m Blx,,5) vzerih-
de y:glx),gam‘ Y, X in /ankjly@nt4 olarak ¢izileb, Tl
daha kerm clarglk y:{(x):gz- /}7 ol

Buravl /} m Farmmh elabilmes) 1i5in 7- XZZ 0 ol rl1
ve g()% /) /3te bunu 5357/91”. Ime

/ 5 4
R WL .
d ' Fy ~ gy = T A-»
b 3 ,
Elipsin 3l /5:94»1-~e/[:’z/@n/w/@/a~ Joismi uzerrhden segilen
Y noldgn tgth Fy20 ve £ nun 1y 4 wn bir ko o lu-
Funds kapah olarsk tanimlanin fonksryends




(7¢7/
? 37{2 (%)-‘-’“".52‘{ 9—x"
o/u.f",

0t mpndan R=150) ve S=(3,0) ne Ltilar ol 6:0
0(‘4/”/ Feorem uggu(xamam;z,yam’ /y).)( A "ﬁ@/’tln
S140 1 olarask ¢vzuwlemez, .

1md Fy (X/y) =__9.Z-X + 0 0/0/@“7‘;[,( ndan K ve S nin Uygun

bir /zamnéa/mﬁ‘u;w/a X, M me gare rilebily ve sirasiyl
X:?((é()_. 3 /'9_52‘ A X:f/ﬁ‘{j):-%‘/y_,yz.

. nl 'Z \
olur.
wsiTe 1) J(J,m//z ffpn/z, tedremi socle ce gerel rdeliad? é«/umm
F i tanim kiimesinin gentshg,” ile ilgih fiar vermez, Ama
B, 5) nthadar luguh oluvss olsun teorem gegerlidir.

Simolil teorem BIgmsn é‘[@lFlceM 3 s n @[dugv(
C( wruoma Hg Zt,fh ol
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24 Teorem. Ve R> bir 961k 31+ kuume, F'G-C7[v) ve
fo = (x, Mo 2Zg) eV olmik uzere F(A)=0 ve Fo(R)# O
olsun.fl zaman

() I3rr g((xp/ﬂ)gS) Yyuvarindg F/'x,y,gzx,y)):-.ﬁ 0/9(6‘/f
St lulde biv tek z= qlx;y) va volir,

(6) Zp=q(X,,Y.) dir;

(c) ge C'(Blex,),8) ve (ay)e Blix, 5),8) 150n

Fe % 2)
Ax,g)== ARt
gx /y) FZ(X,V/Z)

Ve @y ('le):_ Fy (X/7,Z)
Fz[)(/}‘/Z)

»

diy. &
A 4€bremin 1 tIne b;gh/m;/z C/éé“/s/cem iGih 9€f1€/-

lemest soyledir= Ve R™ T biv 2414 313 kiame, FEL (V) ve
&=/X¢)1,Xp27~-~,x0n ’y‘j)G\/ ﬂ/mgk MZCff F(/g/:-ﬁ Ve /CJ—//OO/#U
slsun. 0 z 3m 31




(9%)

) Oggs s Xn) noktssinim nygun bilr /wmaululéwnda‘(
FOXpp s Xn 3910 %,)) = 0 05 barfele z2=90xy) fenl-
iﬂ\a,\Q'VlM Vavroir.

()Y, = G015 ~s Kon) ¥

-1 >
1'g 1 N e Fg[ ('X'fw“/)(n)
gy, = -2
| }'y ()(7,“-/)(/1)

0 lu -

. . - XY Z ’

ORNEK. Fo,yiz)=€"L 22+ %= olentleminm =4/n2
(y/maé uzere Fxq,y,,2)=0 lkeo2ulunu $22/3yan herhn-
4 ko iy B=Xp1)0120) Nelytasinin B, $) éom:)t/z(u?uzﬁo/a /457/9&//

0/3]’}/( \b\ = [ (x O o Wi : - e
r,h,‘z_. rr 2 ,,([)(;)’) f l7llSIgJV2Mf)1/t fgnzm/:;@hj/m, f/vﬁﬁ—

Lozuim. Fx (x,v,2)=-Y e’xy, FylX,0,2)=~X% e'/yé(x,y,z):_2+ e
g IMP N BUA,,8) ke emsnln gu ndla sirellidivler

O hyloe FG—C»’(,@Z/?”Q)) hatds Fe C'UR?) +vir




(7))

z41n2 olol G ndan /—;,//f) +0 dir-

0 hilde krnan ,faﬁ/m%om recremin kosullar JJ;/?/? (.

| Binn; ?45'}% /)(y/}o)nv/cﬂncm//] 1Yy gun bif 5{0(,,,}0),5)

leo a2l ;W/zda, 1a3nimh b tel Z={0xy) i@/?/(}/yam{ va il
A wricy

2, (5,5) = — E(xy,2) L ye 7
FZ(X/Y/Z.) -2+e%

24 |

Folvyz)  xe

FZ (X'/']'/Z) o’ "f" 6%

0[14/9, Zy 1j0] = 0 ve Zy(1,0) =\ I~dir

NoT. Genglde E(x,y,2)=0 denblemi yuzeyin kapal
5;'@/1&/@:411” ve z=f(x, Y] ise 'gz;ize%/fn G 1k dem/c/@m‘z‘e?(df’-hz-.:f (X, )
i a}xa#g/z}. F(x,v,2)= 0 denkleniinin cozum lkiimesoliy.

zy (X/7) = -
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Aolge Donicsiimuer, rpin Kopsl Foroiyon Tecremi-.

A uviolz é/l(f‘_ v/zfz/em &b'lﬁo%' Yine bir duzlem
/Jo‘[gege clonug furen ve kapah 0ldrah t3nimlanan
f@m/cj/‘t/ﬂ/f)/}r/a /’/g/{/f k3p3lt Lonles Yo teoremiyn” verece-
{Z{/Z. U=up)ve v=vix,y) ﬁ@tﬂm'g]om laritnin x ve y ol&: | S
lenlerme ?é'rc 180 L’/:‘L/ew dedevminond(lcissca jJéQZ//'?ﬂ/)

7. 200" iy |

2 1y
broiminele Tanimismr, |
Au tamm n tane fankojyonun n 13ne c/egif/zene ;]Dr‘ﬁ
Jakobryermn tanimina genileti e/, ) ) .
723 Teorem. V < Rt b agi ke alt ku me, I-ve GelClV)
Ve Aoz Xy dorttoi Vo) €V 150 F(ARI=0, G(A)=0 9/lsury.
Yihe A nebtisindas J=3(F, G)/2(u,\)#0 olsur.

P zaman | )
c‘a)/f/ygam bir BUxy,0,)s §) /WMé'M/u;mﬁO/ol /3/47/4/1//_ V=

e ? ] " Sl I TR "[j;;,"',‘: If:;' _,’-:;O
= (X175 7[7 (X/f)/ ‘/z_ (X/)')ﬂ: D, 0 // IRwA' ATy




(/00)

0la (9l J-{’/@/‘/U/@ brr Fek U= 7@ (x;y) ve v= 7/; (‘)(/7):7[27/7[‘5y0/7;/
vralr. |
(b) Up= 710X, 100 ) ve Vo= fyl0,0) dir

T g0 ¥y & C'[E/zxﬂ)s/,g)j Ve xs9)0€ Bty ).5) 1607

IF, &)

UF )
:?—L-’- =¥V 4 ARE) Iy T . 1 FE)
" 3;2:_'&2 9NV X T AE ) T T D uax)
u'\/). a(uU,Vv)

ve henzer Sthilde

U _ A, &) ) _)i,_ | Q(F, 6‘)_
—_— T > X R

Py 3 2(yv) g 3 dlu,y)

o/lk'-
/;ﬂ,vg/(, /4;3;&0/1 veri/en z'///?/é/f’/ﬁ 515FEPIIAIN 5= (2,0 Z,/)
Noltasiin Uydun e kd//fé'a/chwwlaz ka/aa/z o/ rd K M:;[,(x,/);
v="1, (x,7) fonlksiyenlarin torimdeligin: 4ostenniz ve fp rnek-
N 3 = y g™ = / . -
Fasimndla ‘g‘f(' ve ,;? a/ﬁ)z/t’/’/t’/’//)/ //e};/J 24N 2 Yy

Xt ya H%+Vlf4 s i

2xy + yE-2ur+ 3y ¥ =0 -
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ééz‘lx't . F(X;%M,V):XZ_.yZ_ W>+ viy 4
G(x,y, M,V)-?-‘ny+y{ 2ule vt &
olsun. F(A)=0 ve £(B)-0 pé/aj&t Kol3 y¢3 fcourw“/ff///k'
Yihe F,GC-C7[//24) c//}:ﬂ;rxca F ove (& rir, u ve v
c/ej/{J kenlerine Gore Jﬂt:@éz'/vcm'
-Z_(f_i_@_. Fu Fvo|l_[-3u® zv | |
2 Z(w,v) ‘/Gu Gv/z/-é/u /7 V;/':—ZKMZ\/Bf 5 uv
O/u/u, J nin 1y dakr vegers ]/DU =128 £ dir.
J halde s0n teoreme gore wygen biv Bloy,5).8)
Amuzz/zcjzc//)c/a /<?/99/f oldrak ‘%Jmm// w=4,(x; ) ve v=Fxy)
%017[(%1} onlar \/atfco/(/"., Us+te bk

O(F/ 6‘) = Zz X 2V 4 - 0
TR O(X,V)_‘___’/gi 6/—:; _ lzy ’2V3l-——)2—u;.¢ -z 721:__21.:1-’2
ax ARG T iF, R 1-3u* 2v /—C}y J‘-u z/ 128 %2
2, v) {G-u GV/ -4 12v3 /g -y 12
olur ve IF &) Fu Fy —2u? ,
R MO
2y - ARG [Fu Fv| * g2y [ —*% =810l -8 -27gy ™ /47,
2{uUucv) GCu Gv
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